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Nonlinear Interaction of Second Order Stokes Waves and
Two-Dimensional Submerged Moored Floating Structure

D. S. Kim*

AU AT

B Ao} 22 StokesTe}o] vl A 7HA o] WA AL

2 = 4

Key Words : Nonlinear Interaction of Structure-Waves(#ZE3 2] v]Ad3874), Time-

Domain Method(A] 73 & s A1),

Frequency-Domain Method(F3}=93 & 3| 4

#), Air-chamber Flaoting Structure(3t&37154 ¥4 F+=F), Nonlinear Wave
Transformation(8] A1 3 5}8hH 31)  Nonlinear Dynamic Behaviors(8] 413 54 -2}).

228 A5t AA LYo SR A2H
s-72ge) wARIYL AT e

Efj of] 5%6}7177}21 A7kl o g AAS

7zt Jumiel o o3 $EQAE jﬂﬂs} L
almlml B, 7 A IEP P Wt 5A4S A #dd 5 AT

].
o] o=t} whle] Fopsodod
B

Ay 225 gF5 e glelA
4“3. 1215k m}e}l T B SEo] AAMA}
ofof 8o 2 A4kA ko] wf§ Aoix| :,

2o Ago] YUMo 2 ojdrie e A

2 AFAAE A Sl A AASA Qe Foodd

k] 8}_:_ %}%*71

FxEo dal AFA S BAE

ol
g o olgaA AT e o] ey e BlBch o o F5E7)9 AEL Boyle'd A

& AHgstel Bohgieh

1. INTRODUCTION

A time-domain method(e.g., Isaaction et
al, 1991), based on the second order
perturbation expansion and boundary integral
method, has been developed to study the
nonlinear properties of the floating structure-
wave interaction. Although the method is
suitable to solve the nonlinear wave-

structure interaction problems in irregular
wave field, it requires long computationai
time until waves and motions of a floating
structure attain a stationary state by a
time-stepping procedure.

On the other hand, a frequency-domain
method, which is also based on the second
order perturbation expansion, is also available
to predict the wave-structure nonlinear in-
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teraction problems in case of regular waves,
and to investigate the fundamental nonlinear
characteristics of the wave-structure interac-
tion. The frequency-domain method can be
classified in three groups, that is, the methods
based on 1)Green’'s function (Vada, 1987 ;
Mclver et al., 1990 ; Palm, 1991 ; Kioka et al,,
1993) ; 2)Green theorem (Yoshida et al., 1989)
and 3)potential matching method with eigen-
function expansion (Massel, 1983 ; Yoshida et
al., 1990).
to a fixed submerged structure such as a sub-

These methods have been applied

merged breakwater and a horizontal circular
cylinder.

In this paper, nonlinear theory based on the
frequency-domain method is newly developed
to evaluate the wave deformation due to a

submerged and moored floating structure with.

arbitrary shape, and the nonlinear dynamic
Theoretical for-
second order

responses of the structure.
mulation is made by the
perturbation expansion and boundary integral
method. Validity of the present theory is
verified by comparing its results with ex-
perimental values obtained for the airchamber
floating structure. This airchamber structure
can be control well the wave transformation
and its dynamic behaviors by adjusting the
initial air depth in the air chamber. In
addition, it can reduce the tensile force acting
on the mooring line because the action of air
between the structure and the water surface
within the structure acts as a buffer (Fig. 2).
In the application of the present theory, the
second order air pressure variation in the
airchamber is newly formulated by using
Boyle’s law, under the condition of the

adiabatic process of ideal gas.

@ hhu

2. THEORETICAL FORMULATION

2.1 Boundary condition

An arbitrary shaped floating structure is
considered here in the two-dimensional wave
flume of constant water depth h, as shown in
Fig. 1.
S at x= £b, where evanescent mode waves

Fictitious open boundaries S, and

can be neglected, divide the fluid domain R
into three regions, such as R, R~ and RC.
The Cartesian coordinate system (x,z) is
employed, in which x is measured horizontally
in the direction of reflected wave propagation
and z is measured vertically upward from
the stillwater level. Let 7, denote the
amplitude of the first order incident wave,
£ the wave number of the first order in
the fluid region of water depth 4, v the
W H(t is time)
the free surface elevation from stillwater

outward normal direction.

level, respectively.

With the assumption of the irrotational
motion of incompressible and inviscid fluid,
the fluid motion can be described with a
velocity potential @(x, z £ which satisfies the
Laplace equation over the fluid domain R:

Wave Propagation
e

v
b o 54 S
x=b
_» Fictitious Fictitious <———_
Open Boundary Open Boundary
So| A

' (/2 s -hv) Soz

Fig. 1 Definition sketch

v20=0, in R (1)

Boundary conditions subjected to @ on each
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divided fluid region are:

S+ —p s, @

G H(52) +(32) Yre=0. o s,

3)

52 =0. on s, @
{a_f_( a;; —(z-2z,) a;;")]z +
{a—f+( e (3-x) a§t°)}m=

on S, (5

where g the acceleration of gravity, @ the
Bernoulli constant, x, and 7z, the initial
positions of the center of gravity, x, z, and
8, the horizontal (swaying), vertical (heaving)
and rotational (rolling) displacements of the
structure, respectively, ¢ =dz/ds, m=—dx/ds,
*=x,— x, 2=z, z, s the surface line
on the structure, and =x, and z, the
coordinate on the surface of the structure.
Boundary conditions on the open boundaries
Su and Sy, are given by means of de-
termining analytically the velocity potentials
on the divided fluid regions R ‘" and R .
Now it is assumed that the velocity potential
O(x, %), the free surface elevation wxD,
Bernoulli constant @ and displacements of
the floating structure can be expanded into a
convergent power series with respect to a

small parameter e(7 .4 "):

O=¢d (l)eim+ez{¢ (Z)eZim+¢éz)}+m (6)

n=en Ve 1 g2, D ity . 7)

Q=eQV+e2Q P+ ®
x0=ea(l)e""’+52{a(Z)ez""’+a<§2)}+--~ (9)
z,,=sﬁ’(”ei“+ez{ﬁ(2)e2‘“+ﬁéz’}+--- 10)
0o=ecu(l)ei“+ez{w(Z)ez’“+w(§2)}+--~ (11)

where ¢ {?, as?, B and o ? are the
second order velocity potential and amplitudes

of three motions which are independent of
time.

Substituting the perturbation parameters
(Egs. 6 ~11) into Egs. 1, 4 and Taylor’s
expansion of Eq. 5 about the center of gravity
G( %9, z) at the initial position, and
collecting the terms of same order of €, the
Laplace equation, seabed boundary condition
and surface boundary condition of the struc-
ture for the first and second orders can be
derived. Hence the combined water surface
boundary condition also can be obtained by
substituting the perturbation relations into
Taylor’s expansion of Eqgs. 2 and 3 about the
stillwater level, collecting the terms of the same
order of ¢, and eliminating 7" and 7@ from

each same order equation about ¢ and 2
These results are summarized as follows:

First order:

viVY=0 on R (12)
0

—3%—1@5‘”:0, on S, 13)
(§)]

_6% =0, on S, (14)

) -
_Q% =il aV+mBV+(mz— ¢ 2w V),

on S; (15)
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Second order:

e time-dependent components

vi¢®=0,on R (16)

32— (24 +(242))

1) (¢)) 2, (D
W9 3%
. [ rd— 28 } on S, A7

(2)
24— —0,0n S, (18)
2) — —
—Q—aay =2ic{a®P+mBP+(mx—¢ 2o P}

m 2, (1) 2, (1)
a 2°¢ 0°¢
+ 2 ([ 632, +m 310s )

_ 2) ’ aZg(l) _maZQ(l)
2 dvds ds*

) m
—%—(—a-%-+io(ma“)—?/3“))

2, (1)
ovos

a2y
—(mx—4 z)a—af-;—), on S, (19

+(2 T+m2)-2

o time-independent components

v2®=0,on R (20)
R
on S, (@D
28 o, on s, (22)
G A i
TR

@ hhu

(1) 1)
_ wx [ 9¢ . m_ m
5 ( ER +io(ma 28"

_ . 82 (¢))
+(¢ x+mz)——-¢——auas

DL 2‘”]
as ’
on S, (23

where ¢(*]), af.}), B(*” and a)(*” are the
conjugate complex numbers of ¢(’), a(”,
8Y and o respectively, o the angular fre-
quency, :=V —1 and r=o%lg

Here ¢ is out of discussion because
#$? does not have any contribution to the
water pressure and free surface fluctuation up
to the second order.

The first order velocity potential ¢ " in the
region R, which satisfies Egs. 12 ~14, is:

¢(1)=_k_ﬁy;(eik“>x+3(l)e—,’k“)x)Z(k(l)z) (24)

where B is the unknown corresponding to
the reflection coefficient, &V the wave
number determined by the dispersion rela-
tionship o%/g=kPtanhk Vh, and Z(kV2)=
coshk P(z+h)/ coshk Ph. Substitution of
Eq. 24 into Eq. 17 yields the second order
water surface boundary condition given by:

(2)
aéaz —4.0F¢ () —
2 _ )? L) 2 o)
_ 3 Izqk(l)-ko_ {z-(erk x+B(]) e—ZIk x)}

of 2 (1)’}
_ 3rc+k (ZB (l)) (25)

k(l)'o,

Considering Egs. 16, 18 and 25, the second

2

order velocity potential ¢ in the region

R can be assumed as:
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¢ 2) — __55; B (2)2 _ikme(k (2)2)

k
+ia S(eszmx+B (1)-‘6 —Zik“’x)Z(Zk (1)2)
. (0
tib.B (26)

where the term of eZ# Ux presents the second
order velocity potential of the incident wave
component, well-known from a Stokes second
order wave theory, B @ the coefficient of the
second order free wave, which satisfies the
two-dimensional Sommerfeld radiation condi-
tion, and #® the wave number of second or-
der free wave. The coefficients a, b, and
the dispersion relationship for the second
order free wave are obtained by substituting
Eq. 26 into Eq. 25.

3ocosh2k Pk
g_k (])'Sinh 4k (l)h

2 1y
b= g(3r*+£")

4k Vol

a;=-—

A=k Ptanhk Ph

The first and second order velocity potentials

in the region R can be obtained in the
similar way:

é m_ kﬁ - I(l)e ik“’xZ(k(l)z) (27)

¢ (2) ?ﬁ); 1(2)8 ikme(k (Z)Z)
(28)

+ia J(”:e Zikm'Z(Zk (l)z)

where IV is the unknown corresponding to
the transmission coefficient, I® the coef-
ficient of the second order free wave. In Eq.

28, the term of I® satisfies the Sommerfeld
radiation condition.

Collection @ hhu

The open boundary condition at x= +5 are
given by calculating the velocity potentials

and the corresponding normal derivatives of
o @

the first and second orders, ¢.Z-5 @i:=-s,

06 P/ov,._., and 9¢ ?/dv .., from Egs.
24, 26, 27 and 28.

Open boundary conditions at x=b

¢(1)= kﬁ a(ezve"’b+B(1)e —ik“’b)Z(k(l)z) (29"

(l) N - (1) (D
a%y =_zcg;_(eue b_BWg kb7 M (30

(2) o (2) o)
¢(2___, ngl - e—tk bZ(k(Z)z)+ias(e21k b
(31)

+B (l)le _Zikmb)Z(Zk (l)z) +lbgB (1)

@ L Dp@
321/ - — Lgkk“ﬁ e * bz @)

m

—op Wy, s(ez"”(””—B m’e —2ik ")Z(Zk (1);/

(32:
Open boundary conditions at x=—5b
(6)) I
¢(I)= kgllae—xk bZ(k(l)z) (33)
ag v _ gV _avs an
EDY o ¢ Z(k"z) (34

&) @) o 2 _onph
6@= kgllae-k 220k P2) +ia J Ve T "0z(2k V)
(35}

@ C D@
agy _ z;gr//e;’(l){7 e T * (kD)

+2k (l)a J(l):e —ik“'bZ(Zk (l)z)

—119—



K. D. Kim

2.2 Procedure of Numerical Calculation

First and second order velocity potentials at
an arbitrary point X on the boundary surface

of the closed fluid region R©® can be
expressed by following integral equation:

000 = [ (s p2%R 6 28X N

(37)
G(rn= —}r- log

where 7 is the distance between the points X

and X, G(» a Green's function and s the

surface line on the boundary in the region R o
The boundary surface ponsists of the water

surface S, the seabed S, the structure
surface S, and the open boundaries S and
Sy at x= tb, as shown in Fig. 1. Eq. 37

can be solved by means of numerical’

calculation using the obtained boundary
conditions, in which the boundary surfaces
S, Su, Sw, Ssand S, are discretized into
the finite numbers of small segments.
Integration is performed in the order of S,
Soi, Ss S and S,

Substitution the boundary conditions into
Eq. 37, the following set of simultaneous
equations is obtained for each order:

5+55.S:

3 A M "'))+ZB“’)(I("))+%28,‘,»")(3”’))

S» — —
+3CPea®+mpP+(mx—2 Do P} =D

(38

where i=1,2,...,N and N is the total
number of segments on the whole boundary
surfaces and j indicates the number of the
segment on the boundary. The coefficients
AP BP and C{® depend on the in-
tegration of, Green’s function and its normal

@ hhu

derivative, which can be evaluated numer-
ically or analytically. D_{ij}*{(1)} is given by
the velocity potential component of the first
order incident wave, and D P is given by the
known functions such as ¢ on the bound-
ary surfaces S, S, and S, The values of
BD W M gM ang 0@ are obtained
from the first order solution. It should be
noted that Eq. 38 must be solved simul-
taneously with the equation of the motion of
the structure, in order to obtain the dis-
placements of the structure.

2.3 Equation of Motion

The equation of motion is constructed with
the wave exciting force and reaction force of
the mooring lines against the motion of the
structure, that is:

d’x, B
M~5* =P +F, (39)
udze _p i (40)

at T

d*e,
1—7 T, +M, (41)
in which
P.=[ Peds’ (42)
P.= f Pmds’ (43)

T,= f P(x—xgm—(Z—z)e)ds  (49)
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where M is the mass of the structure, I the
inertia moment with respect to G(x,, z,), p
the water density, P, and P, the horizontal
and vertical exciting forces, 7, the moment
due to P, and P, with respect to G(x,,

z,), F,and F, the horizontal and vertical
resistant forces of on-offshore side mooring
lines, and M, the moment due to F . and
F, with respect to G(x,, z,).

Let the initial length of the offshore side
mooring line and the angle of the mooring
line to the seabed be m, and 6,, and their
variation under wave action be dm, and
46,, respectively, then the reaction forces
and moment F,, F, and M n are ex-
pressed as follows:

Fgy=F,cos6,—F ,cos 8, (46)
F,=F,sin,—F ,sin@, (47)

M= F ((¢ ,cos8,+ ¢ .sinf ,)sin 4,
+ (£ ;sinf,— ¢ ,cos6,)cos 5} (48)

—F (¢ .sinf,—2 ,cos8,)

where F, is the initial tensile force of the
offshore side mooring line, and K the spring
constant of the mooring line, ¢ ,=x,—¢,,

£.,=2,th, 0,=60,+46, and F,=F +
Kdm ,,.

The reaction forces and moment of the
onshore side mooring line can be determined
in the same manner, and therefore the total
reaction forces and moment of the mooring
lines are given by the sum of them. It is
assumed in this paper that the shape of the
floating structure and the mooring system are
symmetric with respect to z-axis, and that
the resistant forces of the mooring line obeys
Hook’_s law. The first and second order e-

@ hhu

quations of swaying, heaving and rolling
motions can be derived by substituting Egs. 6
~11 into Taylor's expansions of Egs. 39-41
about its initial position. Arranging the re-
sultant equations by the order of e, the
following equation are obtained.

First order:

—o'Ma V= —po [ 4V edstK, 0
: (49)
+Kx,zﬁ(])+Kx,rw(])

_O'ZMB(I)Z —pdfqﬁ(l)mdsﬁ‘Kz_,am
z,2 2,
—0lp V= —paf¢“’(}m—?1)ds

+Kr,xa“)+Kr_zB(l)+Kr,yw“)
(51)

Second order:

® Time-dependent

—An iUy D %)) _ 1o
40°Ma pfs{[C ] ¢ -

¢(1)w(l)m}ds+[ R£2)] Ip=x
(52)

A2 D o) _i0

40°MB " = pfs{[ C ]m+2
¢“)w“)£’}ds+[ R;Z)] |p=z

(53)

—46%10w P = ——pfs[ C? Gom—"722)ds
(54)
+[ RP11,-,
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o Time-independent +—%(K,,,aa(1):+K,‘zzﬂ(l’z+K,,_,.,a)(”

@ ) @ _
Ko —KeBo Koo = (1) o (D m,
+Kpua' VBV K, B @

—o[{1 €21 ¢+F 9L Omas
(55) +K,,.,,w“)a“))
+0 RiA) =
[ RO | pmrsr= 5K pula I’
—K ra<(>2) Kz_z (2) -K, ,[0(2)
K,_ulﬂ(l)|2+K,,,,|wm|2

_ @ _ 16 4 (D
pfs[[ Colm g $x @ I}ds (56) OPYe) w,
+K,cax B tK, Bx o

+[ R .
[ ]‘p +Kp,,w(l) (1))

2) 2) 2)
—erafr Kr.z z(a K W o

K,,——ZKcos 02—2fosm
=_.pfs[ C,(,Z)] (_;c_m—;[ )ds (57) sz Kz_x=Kz.r=Kr.z=0
+0 R 1p=s K, ,=K,.=—2Kh ,cos *0,—2f h ,sin *0
in which K“=——2Ksm 6—2f ,cos 29,
o o 960 960\ 2 K,,= —2Kh%cos 29, —2f h3sin 26,
[C]—2w¢+[( as)+(ay)}
—2f ;m sh ,sind,
+i6{a(')(1—a¢—“l—m—aﬁ)-) Kxxx:'szz:err:err:O
v as : ’ '
K,.=—2[ K] sin@,(3sin’6,—2)/m,
m m Xz
+B“)( 3¢ ) aggs )
K= [ K] (h,cos8,sin20,
+cum{(;m——z-l) a%:‘) +2h ,sin 6 ,c05205)/m ,
W K. .=05K,
+(x2 + zm)—a—%—}}
s K, ..=—3[ K] sinf;cos 20,/m,
m m - _ . 2p 2
[ C(()g)] =_i_{| 0 ‘ la¢ ‘] Kz_,r Kh,SlI‘l g, foh,,COS g,

—[ Iﬂ hiSin 302/”‘0

. 2
[ RO pora =K e DK, DK, 0® +2[ K] hh,sinfyc0s “80,/m,

@ hhu

—122—



Nonlinear Interaction of Second Order Stokes Waves and Two-Dimensional Submerged Moored Floating Structure

KZ,’X=KIZY
K?‘XZ KX,Z”
KYZV ZKZW

hy= 2 3+ £ 5cotf,
h,= ¢ ,— ¢ ;tan@,
fo=F,/m,

[ Kl =K-f,

where the first and second order equations of
motion must be solved simultaneously with
Eq. 38
independent motions of the structure can be

Hence the second order time-

calculated using Egs. 55 ~57, associated with
the determined first order solution.

2.4 Tensile Force of Mooring Line

The tensile force F(# acting on the
offshore side mooring line is evaluated with

Hook's law:

F=Kdm, (58)

F may be expanded into power series of
parameter ¢ in the similar way as the
velocity potential @:

F=F 4eF Ve ™+ (FPe¥+F ) +... (59)

where F? is the time-independent second
order tensile force.

Employing the same method used for the
equation of motion, the tensile force for first

and secomi orders is derived ahn}%ows from

Collection @

Eq. 58

First order

(1
_F_‘I{___a(l)f +/3(1)f +w (l)fr (003

Second order

® time-dependent component

F (2)
K

=a(2)fx+/9(2)fz+w(2)fy+[ L(Z)] 61
¢ time-independent component

F®
K

=aPfABPF. A0 PF,+1 LP] 162
in which

[ L(Z)] — Ti{a(l)lf.cr+B(l):fzz+w“):fn}

+_%{a (l)ﬂ(l)fxz+ﬂ(l)w Or

(”a“)f,,,}
[ 221 = 4 {la V1 b8V utlo V1)
+—é{a§3’/3“)fu+/353)w“’f”
+w§.<1)a(l)f,,}
fe=—cosf,
f.=—sind,

f,=—12 ,sinf,— ¢ ,cos8,
fxx= Sin 202/”10

fa=cos %65/m,
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fmw= —2 3c0s8,+ ¢ ,sind,

+(— 2 ycos8,+ ¢ ,sinfy) Ym,
fe=—sinfycos6,/m,
fo=—(—2 ,co80,+ ¢ ,sinf,)cosf,/m,
fr=(—2 ycos0,+ ¢ ,sinf,)sinb,/m,

¢ ,=h,+z,

3. APPLICATION TO AIR-CHAMBER
STRUCTURE

The theory developed in this paper is ap-
plied to the fully submerged air-chamber
structure as shown in Fig. 2. The combined
water surface boundary condition in the
airchamber can be derived easily from the
dynamic and kinematic boundary conditions,
including the variation of the air pressure in
the airchamber, by using the same procedure
as in the case of the stillwater surface
boundary S, On the other hand, the first and
second boundary conditions on the open
boundary, free water surface, seabed and
structure can be applied to the air-chamber
structure without any modifications.

- Air-Chamber
9,=90°

Fig. 2 Definition sketch of air-chamber

@ hhu

structure

The time variation of the air volume
4V (D in the airchamber under wave action,
which causes the air pressure variation, is
given by:

aV,=V,~vYP

VAV 63)

In Eq. 63, 4V, is given by the sum of V,
and V,, in which V, and V, the air
volume change by the water surface variation
in the airchamber (&) and motions of struc-
ture, respectively. V, the total air volume under
wave action, and V" the initial air volume.

The air pressure P(?) is assumed to be
expanded into power series of e&.

Po= PO+ePPe+ X (PP e+ P )+
(64)

where P is the initial air pressure, and

Pf,zf, the time-independent air pressure of
second order.

The air pressure variation by 4V, can be
evaluated with Boyle’s law:

’_\_ V(U) 4
— p O — pO a _p
P,=P,'+4P ,=P, {-ﬁ—j———vao +AVa} P,

(65)

in which, 4P, is the air pressure change and,
y=1.4 when the air compression is the
adiabatic process of ideal gas.

Expanding Eq. 54 into Taylor’'s expansion
about the initial state yields:

2

|4
AP”=_7P20)(iV(5§')+_%. 7(1_*_7)(%) +eee

(66)

The air pressure variation of the first and
second orders is obtained by means of the

— 124~



Nonlinear Interaction of Second Order Stokes Waves and Two-Dimensional Submerged Moored Floating Structure

following procedure: 1)formulating V,; and
V. in Eq. 63 as the function of & x, 2,
and 6, 2)expanding the result of 1) into
Taylor’'s expansion about the initial state;
3)substituting the result of 2)into Eq. 66;
4)substituting the perturbation relations into
the result of 3); and 5)collecting the terms of
the same order of e. Effect of air pressure
to the motion of structure can be evaluated in
the same way as in the case of the tensile
force acting on the mooring line.

4. RESULTS AND DISCUSSION

4.1 Water Surface

The nondimensional water surface profiles
n/n, measured at x/L=0.113, x/L=0 and
x/L=-—0.113 above the structure in the case
of dJ/h=0.11, d.h=0.2, 27,/L=0.0143
and 27 ,/L=0.45, are plotted versus # T in
Fig.3, in which L is the incident wavelength,
T the wave period, d, the submerged water
depth of structure’s crown, and d, the initial
air depth in the airchamber (Fig. 2). Also, in
Fig. 3, the calculated values together with the
first and second order surface varation 7,
and 7, are presented. According to Fig. 3, the
second order component 7® becomes larger
with wave propagation (from Figs. 3a to
c)above the structure. This means that the
nonlinear wave-structure interaction grows
with wave propagation above the crown of
the structure. An abrupt change of the water
depth at the offshore side of the structure,
above which lots of wave energy is trans-—
mitted, may enlarge the second order com-
ponent. The phase of the second order sur-
face profile is, in general, different from that
of the first order component, as shown in
Figs. 3a, b and c; thus, the total profile 7
depends largely on the phase lag between the
first and second orders. It is_also found that

nu

the amplitude of the first order component
7" is varied according to the location on the
structure. This arises from wave reflection
due to rapid change of water depth at the
onshore side of the structure.

2
1.5 =
7/ 701 o) ARG
r I
0.5 S &
o ‘,/‘ ........... N N
’ c'. Y - rhd .
05 -;.,.(7[_{ ....KD
e istorder ——- | T ]
-1 2nd order -+cee- ~Ll=
i3] ] Ist+2nd U
order
e Eergime™ O
.2 .
1/4
/ 2/4 3/4 t/T 4/4
(a)x/L=0.113
2 :
H 1st order ——~=- q
1.5 2nd order eseee-
1st+2nd
] d —_—
770 10> e o ]
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Fig. 3 Time variation of water surface on
structure
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Fig. 4 Time variation of water surface on
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Nondimensional water surface profiles 7/7,
at x/L=-0.975, x/L=-1.100, and =x/L=
—1.225 in the onshore region of the structure
under the same wave conditions as Fig. 3 are
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shown in Fig. 4. The amplitudes of the first
and second order components are seen to be
unchangeable. Hence, the second order val-
ues in the onshore region of the structure are
mainly dominated by those formed above the
structure. The total wave profile 7 has the
same characteristics as those in Fig. 3, in the
sense that the total wave profile 7 is largely
changed by the phase lag between the first
and second order components.

Appearance of the nonlinearity in the wave
profile due to the submerged moored air-
chamber floating structure is very similar to
that in the case of a fixed and submerged
breakwater (Yoshida et al., 1989). Although
the results are not presented graphically here,
it is proved that the effect of the initial air
pressure in the airchamber on the water
surface profile is not so significant. The
reason is that most of the wave energy is
transmitted on the upper fluid region of the
structure crown. Therefore, the nonlinearity
appearing in the water surface profile on the
onshore side of the structure seems to be
dominated largely by the submerged water
depth of the structure’s crown.

4.2 Motion of Floating Structure

The mooring line, which are made of chain,
have a very large spring constant, and they
are set vertically on the seabed in the,
experiments. The vertical and rotational mo-
tions are very small due to the very high
resistant force of mooring lines, compared to
the horizontal motion. Therefore, only the
horizontal motion is discussed here.

Fig. 5 shows the relationship between the
nondimensional horizontal motion x./7, and
t/T. Figs. 5a and b show results of x,/7,
for two different wave periods under the
same initial air pressure, while Figs. 5a and c
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present the results of x,/7, for two different
initial air pressure of d,/k under the same
wave period. The nonlinear time-dependent
horizontal motion in Fig. 5 is very small,
compared to the time-independent one given
by the dotted line. This comes from the very
high nonlinear resistant force of the mooring
lines and the large mass of the structure
against the horizontal motion, while the time-
independent component has no correlation with

the mass of the structure. On the other hand,

the linear horizontal motion ‘" becomes

large with the increment of wave period, as
shown in Figs. 5a and b. This enlarges the
nonlinear interaction for other linear motions
8V and 0, as presented in Eqs. 55-57.
Therefore, the time-independent motion may
increase with increasing wave period, as
shown in Figs. 5a and b.

Comparing Figs. 5a with c, it can be seen
that the time-independent component de-
creases with decreasing initial air pressure.
The linear horizontal motion increases with
an increment of the initial air pressure in the
airchamber, as the mass of the fluid moving
with the structure in the airchamber, which
acts as a resistant against the horizontal
motion, becomes smaller. Thus, it seems that
the time-independent component, as shown in
Figs. 5a and c, becomes large by an in-

crement of the nonlinear interaction between

the increasing linear horizontal motion « "

and other linear motions /9“) and other linear

(1)

motions Bm and o' ’, as mentioned above.
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4.3 Tensile Force of Mooring Line

Fig. 6 shows the time variations of the
computational and experimental values of the
tensile forces of offshore side mooring line
normalized by g7, 5. Figs. 6a and b show
the results in the case of different wave
periods for the same initial air pressure.
Figures indicate that the time-dependent
component of second order shows larger
value than that
shown in Fig. 5. Although the tensile force
acting on the mooring line is caused by the
motion of the structure, the vertical motions
have direct effect on the tensile force, as

in the horizontal motion

given in Eqs. 55 ~57, especially under the
vertical mooring condition. And the dynamic
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Fig. 6 Time variation of tensile force acting
on offshore side mooring line
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water pressure of the second order cor-
responding to the water surface profile 7, in
Fig. 3 gives rise to the nonlinear vertical
motion. Thus it seems that the time-
dependent tensile force is given by the ver-
tical motion of the structure. This becomes
larger with an increment of the incident wave
length, while the time-independent component
has the reverse tendency. The results of the
second order components are different from
those of the second order horizontal motion.
The total amplitude of the first and second
orders, however, can be seen to increase as
the wave length becomes longer.

5. CONCLUSION
In this study, the nonlinear theoretical
analysis,
method, has been newly developed to evaluate
nonlinear characteristics of a submerged
moored floating structure under regular wave
train.

based on the frequency-domain

Comparison between theory and ex-
periments has been made to illustrate the
validity of the present theory for the case of
the airchamber structure moored vertically.
Main conclusions obtained in this study are
summarized as follows:

(1) The numerically calculated values are in
general in good agreement with experimental
ones, and the validity of the proposed theory .
is confirmed.

(2) The amplitude of the nonlinear wave
grows very large by the nonlinear wave-
structure interaction immediately after wave
propagation on the structure, and the total
wave profile of the first and second orders
depends largely on their phase lag.

(3) The contribution of the time-independent
component to the second order horizontal mo-
tion is predominant, while the contribution of
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the time-dependent component is very small.
The time-independent component tends to in-
crease with an increment of the wave period
and the initial air pressure in the airchamber.

(4) The contribution of the time-dependent
component to the second order tensile force is
larger than that of the horizontal motion,
which is caused by the vertical motion of
structure.  The time-dependent component
becomes larger with an increment of the in-
cident wave length, while the time-independent
component tend to decrease.
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